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Abstract 
 
We adapt the self-controlled case series method for long-term surveillance of vaccine 
safety using cumulative sum (CUSUM) charts. The CUSUM surveillance method we 
propose is applicable for detecting associations that arise in a short pre-determined 
risk period following vaccination. The performance of the case series CUSUM is 
investigated through simulations. We illustrate the method using retrospective 
analyses of influenza vaccine and Bell’s Palsy, and MMR vaccine and febrile 
convulsions.  
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1 Introduction  
 
Ongoing surveillance of vaccine safety is important, for two reasons. First, it is 
desirable to identify hitherto undetected problems or new problems, for example 
resulting from changes in the manufacture of vaccines in routine use. Second, it is 
useful to build up a picture of a vaccine’s safety profile over the long term, if only to 
accumulate evidence that the vaccine is safe. 
 
Methods in common use for pharmacovigilance include voluntary notification 
systems such as the Yellow Card system in the UK, run by the Medicines and 
Healthcare products Regulatory Agency, and the Vaccine Adverse Event Reporting 
System (VAERS) in the United States [1]. However, because notification of adverse 
events is usually triggered by the suspicion that they are related to the vaccine, the 
interpretation of data from such systems is not straightforward [2-4], nor can they be 
used convincingly to provide evidence of safety. 
 
In this paper we apply the self-controlled case series method [5] to obtain a 
cumulative sum (CUSUM) chart to monitor paediatric vaccine safety. This can be 
seen as a version of the sequential probability ratio test (SPRT), which we recently 
adapted for use with the self-controlled case series method [6]. The key difference is 
that whereas the SPRT is best used for monitoring a new vaccine, with the aim of 
deciding rapidly whether the vaccine is safe or otherwise with respect to events that 
cannot realistically be assessed in clinical trials, the CUSUM is appropriate for long-
term surveillance of a vaccine for which the presumption is that it is safe.  
 
The paper is arranged as follows. In section 2 we briefly give some background on the 
self-controlled case series method and CUSUM charts. In section 3 we describe the 
self-controlled case series CUSUM. We present some simulation results in Section 4, 
and applications in Section 5. We conclude with a discussion and recommendations in 
Section 6.    
 
2 Background  
 
2.1 The self-controlled case series method 
 
The self-controlled case series method, or case series method for short, provides an 
alternative to more established cohort or case-control methods for investigating the 
association between a time-varying exposure and an outcome event [5 - 9]. The 
method has been widely used in pharmacoepidemiology, particularly in the study of 
vaccine safety. The main features of this method is that it uses cases only, implicitly 
adjusts for fixed confounders, and in some circumstances it has high efficiency 
relative to the cohort method [7]. A modelling guide, including details of software 
implementations, may be found in reference [9] and from the self-controlled case 
series website: http://statistics.open.ac.uk/sccs.      
 
The basic idea of the method is as follows. Based on prior medical knowledge, or 
prior data, it is assumed that the incidence of the adverse event of interest is increased 
by a multiplicative factor  during a pre-specified time period after vaccination, 
known as the risk period. Outside the risk period, the vaccine has no effect on the 
incidence. Thus,  is the relative incidence associated with vaccination. Individuals 
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are observed over a pre-specified observation period, which is split up into successive 
intervals indexed by age group and level of vaccine-associated risk. The case series 
log-likelihood is derived by conditioning on the total number of events observed for 
each individual: it is this conditioning step that makes it possible to consider only 
cases, that is, individuals having experienced one or more events, vaccinated or 
otherwise. Conditioning also induces the self-matched property of the method 
whereby all fixed confounders, whether measured or not, are necessarily controlled in 
the analysis. The case series analysis provides estimates of the log relative incidence 
and of age effect parameters that determine how the incidence of the adverse event 
varies with age. 
 
2.2 The cumulative sum (CUSUM) chart 
 
The CUSUM procedure is a well-known sequential monitoring method, introduced by 
Page[10] and based on Wald’s sequential probability ratio test [11]. The CUSUM is 
used to monitor an ongoing process governed by some parameter . When all is well, 
 = 0 and the process is said to be in control. The basic idea of the CUSUM is to 
accumulate evidence against the null hypothesis  = 0, in such a way that evidence in 
favour of the null hypothesis is not allowed to build up. Thus, the CUSUM remains 
sensitive to changes in the process which might cause the value of  to increase. The 
accumulating evidence is represented by points on a time chart: once the trace crosses 
a pre-determined boundary, the process is deemed to be out of control and, if required, 
corrective measures are taken to bring it back under control, after which the 
monitoring sequence begins afresh.  
 
We shall only consider one-sided CUSUMs, that is, charts with a single boundary.  
Barnard [12] developed the V-mask form of the CUSUM to allow detection of either 
an increase or a decrease of the parameter  of interest; further extensions are 
discussed in [13]. The initial use of the CUSUM was primarily in industrial 
applications, though more recently, CUSUMs have been used in a medical context 
[14-23], to monitor disease incidence and institutional performance. In the latter 
context there is particular interest in concurrent monitoring of large numbers of units, 
which poses particular problems of false discovery [24-26].     
 
3 The case series CUSUM  
 
We consider acute adverse events, potentially associated with vaccination during a 
pre-determined risk period of duration d. The incidence of the events may vary with 
age, and this is allowed for by assuming that the incidence is constant within pre-
defined age groups.  Data on cases and vaccination are collected sequentially at time 
intervals of length s, typically every 6 months or every year; these are the monitoring 
intervals. At the kth analysis starting from time zero, all cases occurring between 
times (k-1) × s and time k × s are identified, and their vaccination history is 
determined.  
 
These cases are then used to obtain the case series loglikelihood ratio statistic k, for 
the test of H1:  = log(A), where A is the pre-specified relative incidence to be 
detected (A > 1), against H0:  = 0, corresponding to a relative incidence equal to 1. 
Two methods can be used to handle age effects. First, if a long series of historical data 
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are available, then age effects can be estimated accurately and these values substituted 
into the likelihood and treated as known, fixed values. This introduces bias if the age 
effects are estimated with error [27]. Alternatively, if the age effects are not known, 
they can be profiled out, and the loglikelihood is replaced by a profile loglikelihood in 
order to eliminate the age parameters at each monitoring interval. The procedure is 
described in detail in [6]. 
 
The CUSUM value Zk at step k is then defined as follows:  
 

Zk = max{Zk-1+ k, 0},  Z0 = 0. 
 
The CUSUM chart is obtained by plotting Zk against k. Note that the case series 
CUSUM is group-sequential, that is, it is updated at the end of each monitoring 
interval, rather than as new cases arise. This is essential since the case series method 
is retrospective. Note also that the case series CUSUM is risk-adjusted: all fixed 
confounders are necessarily adjusted owing to the fact that a case series likelihood has 
been used, and age effects have been allowed for by one of the two methods described 
above. These methods of risk adjustment have the major advantage of retaining a 
simple recursive form for Zk, unlike some other likelihood-based methods [13]. Also, 
under the null hypothesis, the increments k are independently and identically 
distributed. 
 
The CUSUM differs from the sequential probability ratio test (SPRT) [6]  because it 
has a holding barrier at zero rather than a lower absorbing barrier. A pre-determined 
upper boundary value h, known as the control limit, must also be specified. The 
process is deemed to be in state H0, or ‘in control’, at step k if Zk < h, and to have 
shifted to state H1, and hence be ‘out of control’, if Zk ≥ h. A CUSUM that exceeds 
the control limit is said to have ‘signalled’. This means that the chart has accumulated 
enough evidence to conclude that the value of  has increased. At this point, remedial 
action is taken, and the CUSUM is restarted from zero.  
 
If left running long enough, a CUSUM chart will eventually signal even when it is in 
control. The performance of the CUSUM is traditionally measured using the average 
time to the first signal, known as the average run length or ARL. Ideally, the ARL 
should be short when the process is out of control from the start (this is the ARL 
under H1, or ARL1), and it should be long when the process is in control (ARL under 
H0, or ARL0). In the context of vaccine safety surveillance, a low value of ARL1 is 
essential.  
 
4 Simulations 
 
The performance of the case series CUSUM depends on several parameters, including 
the underlying incidence of the adverse events, the age effect, the length of the risk 
period, the length of the monitoring interval, the choice of the design value of the 
relative incidence to be detected A, the choice of control limit h, the true relative 
incidence, and the annual incidence of the event . We investigate these dependences 
by simulation. 
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4.1 Design of the simulation study 
 
We used the same design for the simulation as used for an earlier study of the SPRT 
[6]; see this paper for further details. Briefly, we consider a single vaccine and 
adverse events arising within one year of age, which for definiteness we chose to be 
the period 0 to 364 days of age. We assumed that the distribution of age at vaccination 
in the population was proportional to a gamma density with mean 120 days, shape 
parameter 1.2 and probability of remaining unvaccinated at 364 days equal to 0.1. The 
variable parameters in the simulations were as follows: 
 
Design relative incidence A:   1.5, 2, 3, 5, 10 
Monitoring interval length s:  0.25, 0.5, 1 year 
Risk period length d:   1, 2, 4 weeks 
Annual incidence of the event : 25, 50, 100 cases per year 
Control limit h:   1, 2, 3 
Age effect:    constant, increasing, decreasing 
Age adjustment:   profiled out, effect known. 
 
The age effect was obtained by assuming that the incidence was constant within 
thirteen 28-day intervals, varying by the factor 1, 1.2, or 1/1.2 in successive age 
groups for the three scenarios considered. The two age adjustment methods 
correspond to profiling out the (unknown) age effect as described above, and 
substituting known values of the age effect (as might be obtained from a long run of 
historical data). For out-of-control simulations, the true relative incidence was set 
equal to A. Two hundred simulations were run for each combination of the 
parameters investigated; this is sufficient to explore the properties of the system and 
its dependence on the different parameters, without being overly computationally 
demanding. 
 
4.2 Results: baseline scenario 

The baseline scenario corresponds to the following combination of parameters: 0.5 
year monitoring interval, 2 week risk period, annual incidence 50 cases. The results 
for constant, increasing and decreasing age effects are shown in Tables 1, 2 and 3, 
respectively. As expected, both the average run length and the standard deviation of 
the run length (in and out of control) vary according to the age effect. Whatever the 
age effect, adjusting for it using profile likelihood methods has little impact on the 
average run length, compared to the situation in which the age effect is known 
exactly. Thus, this method of adjustment appears to be adequate. 

The relationship between the average run length in control and the alternative 
hypothesis value of the relative incidence, A, is a complex one: unbounded when A 
= 1, ARL0 decreases as A increases above 1, reaches a minimum, and thereafter 
increases to infinity. This is because the log likelihood ratio statistic k is a nonlinear 
function of A. On the other hand, the ratio of the average run lengths in and out of 
control, ARL0/ARL1, increases with A. As expected, ARL0, ARL1 and their ratio all 
increase as the control limit h increases. Note that the run lengths are all necessarily 
bounded below by the monitoring interval length. 
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4.3 Results: other scenarios 

We investigated the performance of the system with events of annual incidence 25 
and 100 cases. Figures 1 and 2 summarizes the results for 25 events expected per 
annum, with the age effect profiled out. As expected, average run lengths are longer 
than for the baseline scenario, and increase very rapidly with the control limit h. 
Conversely, for annual incidence 100 cases, average run lengths are shorter (data not 
shown).  

Next, we varied the risk period using 1 week and 4 weeks, compared to 2 weeks for 
the baseline scenario (data not shown). The average run lengths and standard 
deviations decrease as the length of the risk period increases. This is as expected, 
since the information about the exposure effect is greatest when the expected number 
of events in and outside the risk period are similar [28].     

We also studied the effect of varying the length s of the monitoring interval, using 3 
months and 1 year, compared to 6 months for the baseline scenario (data not shown). 
The dependence of the ARL on the length of the monitoring interval is complex. On 
the one hand, reducing s reduces the lower bound on the ARL and hence allows 
shorter values to arise. On the other hand, the ratio of the risk period to the 
observation period increases, and the proportion of cases vaccinated decreases when s 
decreases, both of which reduce the information about the vaccine effect.  

4.4 Surveillance of several vaccines 
 
So far we have only considered surveillance of a single vaccine. In practice, we might 
wish to monitor several vaccines, and/or several adverse events. Note that the number 
of vaccines and events to be monitored is not expected to be extremely large, but 
might perhaps include up to 5 or 10 different combinations. 
 
Monitoring multiple vaccine/event combinations (referred to as units) increases the 
rate at which spurious signals, also called false discoveries, occur. The relevant 
average run length in control is no longer the ARL0 for an individual vaccine, but the 
average time to the first signal from any of the units monitored, which we denote 
SARL0 (system average run length). (The average run length out of control remains 
the same as before, assuming that at most one unit is out of control at any one time, a 
reasonable assumption in the present context.) We obtained the values of SARL0 
using the fact that, for unadjusted CUSUMs, the distribution of the run length in 
control is approximately geometric, the approximation improving as ARL0 increases 
[29]. As the increments k for the profile likelihood case series CUSUM are 
identically and independently distributed, similar results apply here. Figure 3 
illustrates this, using some of the simulations presented in Table 2.  Goodness of fit 
tests yielded chi-squared values of 6.84 on 7 degrees of freedom (p = 0.45) for A = 2, 
h = 2, and 7.25 on 6 degrees of freedom (p = 0.30) for A = 1.5, h = 3. 
 
The relationship between the system average run length (in years) for r vaccines in 
control, and the ARL0 (in years) for each individual vaccine (assumed to be the same 
for simplicity), for monitoring intervals of duration s years is: 
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Table 4 shows the values of SARL0 for r = 1, 2, 5 and 10, based on the data from 
Table 1. Different parameter combinations produce results with a similar pattern and 
so are not presented here.  The more units are monitored, the shorter is the system 
average run length and the lower is the ratio SARL0/ARL1. The practical implications 
of these findings are discussed in Section 6. 
 
5 Examples  
 
In the following examples we present data in two contrasting situations. The control 
limit h = 3 is used throughout. 
 
5.1 Bell’s palsy and flu vaccine 
 
Concern about the possible association between Bell's palsy, an acute facial paralysis 
affecting the 7th facial nerve, and some influenza vaccine formulations, was raised in 
Switzerland in October 2000, after the introduction of an inactivated nasal 
formulation of the influenza vaccine. In this case series study, the relative incidence 
within the 31-60 day post-vaccination risk period was estimated to be 35.6, 95% CI 
(14.1-89.8). A similar analysis was undertaken using data from the GPRD on 2263 
episodes of Bell's palsy in the UK recorded from July 1st 1992 to 30th June 2005. The 
estimated relative incidence in the 3 months following parenteral inactivated influenza 
vaccine was not significant: RI =  0.92, 95% CI (0.78-1.08) [30]. 
     
We reanalysed these UK data using the case series CUSUM. We used a six month 
monitoring interval, 1-60 day risk period after any dose of influenza vaccine, with 
alternative hypothesis relative incidence A = 1.5 (Figure 4). In view of possible 
temporal confounding from the highly seasonal administration of influenza vaccine, 
the analysis was performed using a parametric case series model with 12 one month 
seasonal periods. Figure 4 shows that the CUSUM value remains less than 3 . Thus, in 
this retrospective analysis over 13 years, the CUSUM remains in control throughout. 
 
5.2 MMR vaccine and convulsions 
 
We reanalysed data from a study of convulsions after measles, mumps and rubella 
(MMR) vaccine in children in the UK [31]. Data were recorded in 418 children aged 
12-24 months. This age group was chosen to cover the period in which most MMR 
vaccinations are administered. The estimated relative incidence of convulsions in the 
6-11 day post-vaccination risk period using a case series analysis was 6.26, 95% CI 
(3.85-10.18) consistent with the known effect of the measles component of MMR 
vaccine.    
 
We reanalyzed these data as if undertaking prospective monitoring using the case 
series CUSUM. We used a six month monitoring interval. Figure 5 shows the 
CUSUM graph for the alternative hypothesis relative incidence A = 3 against a null 
exposure effect. The control limit h = 3 is crossed in the first monitoring interval, 
indicating  that the system is not in control. This is as expected: the association 
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between convulsions and live measles vaccine in the second week after vaccination is 
well-known. In Figure 5 the CUSUM has not been reset: the monotone increase over 
subsequent monitoring intervals provides further evidence that the CUSUM is not in 
control. 
 
Since it is well-known that live measles vaccines cause convulsions with a relative 
incidence of the order of 2 – 4 , it makes sense to redefine the null hypothesis as 
corresponding to  = 3, say, and set the alternative hypothesis value A = 5, say, since 
interest resides not in detecting well-known associations but in finding evidence of 
changes for the worse. The resulting CUSUM (not reset) is shown in Figure 6. The 
chart provides some evidence that, after year 2, the in-control state  = 3 has shifted to 
 = 5. Also shown in Figure 6 is the CUSUM with  = 4 under the null and the 
alternative hypothesis value A = 6, which does not indicate a shift. This serves to 
illustrate an important feature with CUSUM charts, namely their sensitivity to the 
choice of hypotheses. Thus, if the true value of  when out of control is lower 
(respectively, greater) than A, then the average run length is greater (respectively, 
lower) than the ARL1 for the alternative hypothesis  = A.  
 
6 Discussion 
 
The discussion is structured in two parts. In the first, we review the strengths and 
weaknesses of the methods described, and briefly discuss some alternatives. In the 
second, we present some recommendations for vaccine surveillance systems, based on 
the results obtained above.  
 
6.1 Strengths, weaknesses and alternative approaches 
 
A long-term monitoring system based on the self-controlled case series CUSUM has 
all the advantages and disadvantages of the case series method. Its main advantage is 
that it uses only cases, and hence, like the SPRT for surveillance of a new vaccine [6], 
can be applied to data from population and hospital-based reporting systems such as 
the General Practice Research Database and Hospital Episode Statistics database. A 
further advantage is that it controls for fixed confounders, and hence allows for more 
robust evaluation of potential associations than methods based on spontaneous 
adverse event reporting systems. Finally, as we have shown, control of age effects via 
profile likelihood methods works well; further work is warranted to study the 
properties of this scheme, in particular to obtain approximations to the average run 
lengths. 
 
The weaknesses are those of the case series method [5,8], in particular the 
requirement that events should not influence subsequent exposures. A further 
limitation, specific to the use of the method in surveillance, is that the risk period 
should be short in relation to the monitoring interval. The method is thus wholly 
inappropriate for surveillance of reactions that may occur a long time after 
vaccination. 
 
Unlike surveillance of a new vaccine, in which it is important rapidly to establish 
evidence of safety as well as identify problems should they occur, long-term 
surveillance of an established vaccine is based on the strong presumption that it is 
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safe. Thus, the CUSUM provides a more appropriate framework than the SPRT [6].  
A further contrast with surveillance of new vaccines is that it might be desirable 
concurrently to monitor several vaccines or adverse events. As shown in Subsection 
4.3, surveillance of several vaccines greatly reduces the average time to a false signal, 
as measured by the system average run length in control, SARL0. This in turn will 
increase the false discovery rate (FDR), namely the expected proportion of signals 
that are genuine [32]. 
 
The problem of controlling the FDR when monitoring many units has been considered 
by several authors. Marshall et al [24] seek to choose h so as to control the FDR over 
a given time period. Others have applied the methods of [32] more directly to p-
values, derived as inverse average run lengths [25] or from the null distribution of the 
CUSUM statistic [26].  
 
In the setting considered in the present paper, obtaining such p-values is difficult and 
probably impractical, owing to the non-standard form of the case series log-
likelihood. We do not envisage very large numbers of items to be monitored, so that 
the problem of false discovery, while remaining important, is not quite as 
overwhelming as in some other applications. Also, we expect the number of out-of 
control units to be very low, so that the power advantage of FDR-control methods 
over Bonferroni adjustments is limited [32]. Thus, we propose a more ad-hoc 
approach, informed by simulations of SARL0 and ARL1 and the ratio SARL0/ARL1. 
This is to base the choice of control limit h on a system average run length in control 
that produces a manageable number of signals, while retaining a low value of ARL1, a 
key requirement of vaccine safety surveillance.  
 
A further limitation of the CUSUM described here is that it does not provide an 
estimate of the relative incidence . An alternative approach is to replace the profile 
likelihood under the alternative hypothesis  = A by a full maximum likelihood, 
yielding an estimate of  at each monitoring interval. A further option is to use 
generalized likelihood ratio methods [13]. These would yield more robust estimates, 
though at additional computational cost. However, upon signalling, the interpretation 
of estimates obtained sequentially in these ways is not straightforward. 
 
6.2 Recommendations 
 
We recommend the use of a 6-month or 1-year monitoring interval, with a preference 
for the latter when monitoring very rare events and when obtaining data is costly or 
time-consuming. We found that reducing the monitoring interval below 6 months 
provided little gain in sensitivity except for very common events. 
 
Age effects may be adjusted explicitly using profile likelihood methods. The 
simulations show that age effects do affect the results and hence should be controlled 
for, and that profiling them out incurs very little if any cost in timeliness of detection. 
 
The choice of alternative hypothesis relative risk to be detected A is important, and 
also tricky, as shown by the examples in Section 5. The simulations suggest that, for 
events occurring at a rate of 50 per year, the ARL1 for values of less than 3 can be in 
excess of 5 or even 10 years, depending on the age effect; such times to detection are 
far too long to be of any practical use. We therefore recommend that A is set no 
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lower than 3, unless the catchment area of the system can be expanded to ensure that 
events occur with an annual frequency of at least 100 cases. 
 
We also recommend that a control limit h ≥ 3 be used. The value h = 3 does not 
substantially affect the value of ARL1 for A  equal to 3 or more compared to h = 1 or 
2, but greatly increases the value of ARL0. With these choices, for adverse events 
occurring at the rate of 50 cases per year, the ARL1 for A = 3 is  about 2 years 
whereas ARL0 is about 70 years. 
 
The choices h = 3 and A = 3 may not yield an adequate surveillance mechanism for 5 
or more vaccines (or vaccine and event combinations), in view of the increased 
frequency of false discoveries: with these values, the SARL0 drops from 70.4 years to 
14.3 years as the number of units monitored increases from 1 to 5. In this case, the 
control limit h may need to be increased. Since new safety problems with established 
vaccines are uncommon, it is unlikely that more than one unit will be out of control at 
any one time. In this case, a Bonferroni-type adjustment is adequate. The control limit 
h to be used should be determined by simulation, with values chosen to reflect the 
frequencies and age distributions of the events to be monitored.  
 
The choice of the control limit h is to some extent determined by the action to be 
taken if the CUSUM signals. We envisage that, upon the CUSUM signalling,  further 
investigations will be undertaken, for example to review changes in vaccine 
manufacture, to implement more focused surveillance, and to conduct other 
epidemiological studies, in particular to estimate the relative incidence.  
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  Age effect profiled out Age effect known  Age effect profiled out Age effect known Age effect 

profiled out 
Age effect 

known 
h  A  Run length 

in control (years) 
Run length 

in control (years) 
 Run length out 

of control (years) 
Run length out 

of control (years) 
0

1

ARL
ARL

 0

1

ARL
ARL

 

  ARL0 Std. dev ARL0 Std. dev  ARL1 Std. dev ARL1 Std. dev 
1 1.5 

2 
3 
5 
10 

13.5 
8.71 
7.39 
9.42 
18.3 

12.6 
8.65 
6.91 
8.80 
19.1 

13.7 
8.73 
7.48 
9.61 
18.7 

12.7 
8.69 
6.97 
9.00 
19.5 

 4.64 
2.05 
1.13 
0.73 
0.55 

3.73 
1.53 
0.79 
0.38 
0.20 

4.60 
2.05 
1.11 
0.73 
0.55 

3.69 
1.54 
0.76 
0.40 
0.20 

2 1.5 
2 
3 
5 
10 

67.7 
32.7 
20.6 
23.4 
43.9 

67.2 
30.7 
20.8 
23.2 
40.2 

67.8 
32.8 
20.6 
23.5 
44.3 

67.5 
30.7 
20.8 
23.3 
40.6 

 10.2 
3.82 
1.62 
0.86 
0.56 

7.80 
2.77 
1.05 
0.51 
0.19 

10.1 
3.79 
1.61 
0.85 
0.58 

7.70 
2.77 
1.06 
0.51 
0.22 

3 1.5 
2 
3 
5 
10 

229.3 
109.3 
70.4 
68.3 

108.7 

208.6 
108.2 
60.4 
75.8 

108.8 

229.7 
109.6 
70.6 
68.5 
109.0 

208.9 
108.3 
65.5 
76.1 
109.1 

 16.2 
5.55 
2.20 
1.05 
0.57 

10.5 
3.90 
1.36 
0.57 
0.20 

15.9 
5.52 
2.17 
1.03 
0.58 

10.5 
3.93 
1.37 
0.57 
0.23 

 
2.91 
4.25 
6.54 
12.9 
33.3 
6.64 
8.56 
12.7 
27.2 
78.4 
14.2 
19.7 
32.0 
65.0 

190.7 

 
2.98 
4.26 
6.74 
13.2 
34.0 
6.71 
8.66 
12.8 
27.6 
76.4 
14.4 
19.9 
32.5 
66.5 

187.9 
 
Table 1. Six months monitoring interval, two weeks risk period, 50 cases per year and constant age effect.  control limith  , 

 relative incidence we wish to detectA  , 0ARL  average run length in control and 1ARL  average run length out of control .  
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  Age effect profiled out Age effect known  Age effect profiled out Age effect known Age effect 

profiled out 
Age effect 

profiled out 
h  A  Run length 

in control (years) 
Run length 

in control (years) 
 Run length out 

of control (years) 
Run length out 

of control (years) 
0

1

ARL
ARL

 0

1

ARL
ARL

 

  ARL0 Std. dev ARL0 Std. dev  ARL1 Std. dev ARL1 Std. dev 
1 1.5 

2 
3 
5 
10 

21.4 
11.3 
9.52 
8.22 
11.0 

21.0 
10.6 
8.60 
7.19 
8.90 

21.3 
11.2 
9.58 
8.42 
11.2 

21.0 
10.5 
8.70 
7.40 
9.07 

 7.24 
3.05 
1.42 
0.86 
0.58 

5.99 
2.36 
1.01 
0.53 
0.21 

7.14 
2.98 
1.40 
0.86 
0.58 

5.96 
2.36 
1.02 
0.55 
0.19 

2 1.5 
2 
3 
5 
10 

97.6 
47.6 
28.5 
24.8 
31.3 

90.4 
42.8 
29.9 
24.0 
28.0 

97.7 
47.6 
28.7 
24.9 
31.6 

90.6 
42.9 
30.1 
24.1 
28.2 

 16.5 
5.98 
2.29 
1.10 
0.64 

12.5 
4.28 
1.60 
0.71 
0.29 

16.2 
5.88 
2.26 
1.10 
0.65 

12.5 
4.25 
1.60 
0.74 
0.29 

3 1.5 
2 
3 
5 
10 

314.6 
152.4 
77.4 
68.9 
86.5 

328.7 
157.2 
75.3 
72.4 
88.3 

314.3 
152.5 
77.7 
69.1 
86.9 

328.4 
157.5 
75.6 
72.8 
88.7 

 24.6 
8.79 
3.59 
1.44 
0.71 

16.0 
6.08 
2.56 
0.86 
0.36 

24.1 
8.68 
3.52 
1.41 
0.70 

16.0 
5.98 
2.57 
0.88 
0.34 

 
2.96 
3.71 
6.70 
9.56 
19.0 
5.92 
7.96 
12.4 
22.5 
48.9 
12.8 
17.3 
21.6 
47.8 

121.8 

 
2.98 
3.76 
6.84 
9.79 
19.3 
6.03 
8.10 
12.7 
22.6 
48.6 
13.0 
17.6 
22.1 
49.0 

124.1 
Table 2. Six months monitoring interval, two weeks risk period, 50 cases per year and increasing age effect.  control limith  , 

 relative incidence we wish to detectA  , 0ARL  average run length in control and 1ARL  average run length out of control .  
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  Age effect profiled out Age effect known  Age effect profiled out Age effect known Age effect 
profiled out 

Age effect 
profiled out 

h  A  Run length 
in control (years) 

Run length 
in control (years) 

 Run length out 
of control (years) 

Run length out 
of control (years) 

0

1

ARL
ARL

 0

1

ARL
ARL

 

  ARL0 Std. dev ARL0 Std. dev  ARL1 Std. dev ARL1 Std. dev 
1 1.5 

2 
3 
5 
10 

13.7 
7.50 
7.09 
10.4 
26.8 

12.8 
7.05 
7.00 
11.5 
25.8 

13.7 
7.52 
7.18 
10.5 
27.1 

12.7 
7.04 
7.06 
11.5 
26.1 

 3.99 
1.58 
0.88 
0.66 
0.51 

3.57 
1.14 
0.58 
0.32 
0.08 

3.91 
1.55 
0.88 
0.68 
0.52 

3.51 
1.08 
0.60 
0.39 
0.09 

2 1.5 
2 
3 
5 
10 

53.2 
33.6 
22.2 
27.3 
62.5 

50.2 
31.6 
20.9 
24.8 
57.6 

53.1 
33.7 
22.3 
27.4 
62.9 

50.1 
31.6 
20.9 
25.0 
58.0 

 7.96 
3.31 
1.35 
0.72 
0.54 

6.05 
2.86 
0.86 
0.32 
0.14 

7.92 
3.29 
1.33 
0.74 
0.54 

6.14 
2.85 
0.91 
0.35 
0.14 

3 1.5 
2 
3 
5 
10 

164.1 
98.7 
61.5 
66.6 

130.6 

174.5 
89.5 
61.5 
60.6 

132.1 

164.3 
98.7 
61.6 
66.8 
130.9 

174.6 
89.4 
61.6 
60.7 
132.4 

 11.4 
4.38 
1.69 
0.86 
0.56 

6.82 
3.06 
1.00 
0.46 
0.16 

11.3 
4.36 
1.67 
0.86 
0.56 

6.61 
3.03 
1.00 
0.46 
0.16 

 
3.43 
4.75 
8.06 
15.8 
52.5 
6.68 
10.2 
16.4 
37.9 

115.7 
14.4 
22.5 
36.4 
77.4 

233.2 

 
3.50 
4.85 
8.16 
15.4 
52.1 
6.71 
10.2 
16.8 
37.0 

116.5 
14.5 
22.6 
36.9 
77.7 

233.8 
Table 3. Six months monitoring interval, two weeks risk period, 50 cases per year and decreasing age effect.  control limith  , 

 relative incidence we wish to detectA  , 0ARL  average run length in control and 1ARL  average run length out of control .  
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 1e  0SARL   1ARL   0 1SARL / ARL  
h  r = 1 r = 2 r = 5 r = 10  r = 1 r = 2 r = 5 r = 10 
1 1.5 

2 
3 
5 
10 

13.5 
8.71 
7.39 
9.42 
18.3 

6.88 
4.48 
3.82 
4.84 
9.28 

2.91 
1.95 
1.69 
2.09 
3.87 

1.59 
1.12 
0.99 
1.19 
2.07 

4.64 
2.05 
1.13 
0.73 
0.55 

2.91 
4.25 
6.54 
12.9 
33.3 

1.48 
2.19 
3.38 
6.63 
16.9 

0.63 
0.95 
1.50 
2.87 
7.03 

0.34 
0.55 
0.88 
1.63 
3.76 

2 1.5 
2 
3 
5 
10 

67.7 
32.7 
20.6 
23.4 
43.9 

34.0 
16.5 
10.4 
11.8 
22.1 

13.7 
6.74 
4.32 
4.88 
8.98 

7.00 
3.50 
2.30 
2.57 
4.62 

10.2 
3.82 
1.62 
0.86 
0.56 

6.64 
8.56 
12.7 
27.2 
78.4 

3.33 
4.31 
6.44 
13.8 
39.4 

1.35 
1.77 
2.67 
5.68 
16.04 

0.69 
0.92 
1.42 
2.99 
8.25 

3 1.5 
2 
3 
5 
10 

229.3 
109.3 
70.4 
68.3 
108.7 

114.8 
54.8 
35.3 
34.3 
54.5 

46.1 
22.1 
14.3 
13.9 
21.9 

23.2 
11.2 
7.27 
7.06 
11.1 

16.2 
5.55 
2.20 
1.05 
0.57 

14.2 
19.7 
32.0 
65.0 
190.7 

7.09 
9.87 
16.1 
32.6 
95.6 

2.84 
3.98 
6.49 
13.2 
38.5 

1.43 
2.01 
3.30 
6.72 

19.47 
Table 4. System average run length in control (SARL0) for 1, 2, 5 and 10 units, 
average run length out of control (ARL1), and ratio, for constant age effect profiled 
out, 0.5 year monitoring interval, two weeks risk period, and 50 cases per year. All 
run lengths are in years.  
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Captions for figures 
 

Figure 1. Average run lengths in control by control limit h (see text for details). Age 
effect constant: ----, increasing: ____, decreasing:…… . 
 
Figure 2. Average run lengths out of control by control limit h (see text for details). 
Age effect constant: ----, increasing: ____, decreasing:…… . 
 
Figure 3. Run length distributions based on 200 simulations (bar charts) and 
superimposed expected values from the geometric distribution (lozenges). Data from 
Table 2, increasing age effect profiled out. (a) A = 1.5, h = 3; (b) A = 2, h = 2. 
 
Figure 4. Bell’s palsy and flu vaccine. CUSUM graph for 1-60 day risk period and 
A=1.5. 
 
Figure 5. Convulsions and MMR vaccine. CUSUM for 6-11 day risk period, A = 3 
and h=3. The pairs (no. events in risk period, total no. events) are given for each 
monitoring interval. 
 
Figure 6. Convulsions and MMR vaccine. CUSUM for 6-11 day risk period and h=3.  
------ =3 vs A=5, ______ =4 vs A=6. 
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Vaccine 
Musonda et al 
Figure 2 
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Vaccine 
Musonda et al 
Figure 3 
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Vaccine 
Musonda et al 
Figure 4 
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Vaccine 
Musonda et al 
Figure 5 
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Vaccine 
Musonda et al 
Figure 6 
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